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Invariant systems

System (X, R) is an invariant system if:
, and  
, 

where the class of structural rules is: 
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Ł-decidable systems

The system based on a set of rejection rules  and a 
set of rejected axioms is called Ł-decidable if and
only if the following conditions hold: 

where T  is the set of all theses, 
T* is the set of all rejected formulas, and 
S is the set of all formulas

STTII
TTI

=∪

∅=∩
∗

∗

)(
)(



System W

The system W is defined by the following
matrix:

where: 
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System W – cont.

Consider the following functors:
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System W – cont.

The following functions correspond to  
functors in the matrix Mw:
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Rejected axioms

The formulas:

or generalized disjunctions that can be build
from the above formulas. 
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System W – cont.

The main theorem:

Let α be  an arbitrary formula of the  
system W.  If         , then         .T∉α ∗∈ Tα



Sobociński’s system

The implicational-negational system of
Sobociński is given by the following
matrix:

where k>=3, and for 
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Sobociński’s system –cont.

Consider the following functors:

where for l>=1:
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Sobociński’s system – cont.

The following functions correspond to  
functors in the matrix MS

c,n
:
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Sobociński’s system – cont.

The negations of the functions defined
on the previous slides: 
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Sobociński’s system – cont.

Now we can define the following functors:

and in general for 0<= l < k:
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Sobociński’s system – cont.

The following functions correspond to  
functors in the matrix MS

c,n
:
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Sobociński’s system – cont.

Now consider the following functor:

The following function corresponds to  
the functor in the matrix MS
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Rejected axioms

The formulas:
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Sobociński’s System – cont.

The main theorem:

Let α be  an arbitrary formula of the  
Sobociński system.  
If         , then         .T∉α ∗∈ Tα
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